R 2 be an unbounded domain with width of polynomial growth and let u satisfy the minimal surface equation in . We nd out an upper bound function for u and give an example to illustrate that the upper bound function obtained here is approximately optimal. In fact, the graph of the upper bound function is a generalization of a catenoid.
The estimate in Theorem 1, however, is not optimal. In x2 of this paper, we shall try to nd out the optimal upper bound function for solutions of (1) in m . Then, in x3, we shall give an example to illustrate that the upper bound function obtained in x2 is approximately optimal. The crucial point of this paper is to approximate the solution of (1) in m with vanishing boundary value by the so-called catenoid-like solutions (which will be introduced in (3) below).
2. Catenoid-like solutions. 
For such a function F, each cross-section y = constant has a similar shape and the graph of F is therefore a generalization of a catenoid; thus, we name such a function F as a catenoid-like solution.
We shall proceed to show the following result: which is the second initial condition of (4). We note that (7) and (8) and hence, by virtue of (4),
h 00 m 0; for ? 1 t 1:
We may also note that, for a constant q with 1 q < m < 1, since h m and h q are both solutions of (4) In general, we cannot write out explicitly a solution of the equation (8) with initial data (6). However, for some speci c m, the solution can be explicitly written out. For example, for m = 2, we have h 2 (t) = 1 ? t 2
:
In case that f(y) = e y in ( Remark.
(i) In this theorem, no growth condition on u is imposed. 
